The Mo bius number of a finite partially ordered set equals (up to sign) the difference between the number of even and odd edge covers of its incomparability graph. We use Alexander duality and the nerve lemma of algebraic topology to obtain a stronger result. It relates the homology of a finite simplicial complex 2 that is not a simplex to the cohomology of the complex 1 of nonempty sets of minimal non-faces that do not cover the vertex set of 2.
2=2(P), whose simplices are the nonempty chains in P. We refer the reader to [5] for all unexplained terminology. Proposition 1 [3] . For a finite poset P,
where N k is the number of k-subsets of edges of the incomparability graph that cover P.
Proof. If P{< is a chain, then the Mo bius number is 0 and N k =0 for all k. If P=<, then the Mo bius number is &1 and the only nonzero N k is N 0 =1.
If P is not a chain, let B =2 P be the poset of subsets of P, and let Q be the subposet of nonempty chains in P. The atoms in the lattice B &Q are the 2-element antichains in P, so by Rota's crosscut theorem [5, The order complex of Q is the first barycentric subdivision sd 2 of the order complex of P, so Philip Hall's theorem implies + P (0 , 1 )=+ Q (0 , 1 ). K This result will be seen in the next section to be a consequence of a much stronger homological fact. The elementary combinatorial proof given above, unlike the proof in [3] , points in the direction of the topological generalization.
THE GENERAL RESULT
Let 2 be a simplicial complex on a finite vertex set V. Let C denote the set of minimal nonfaces of 2, i.e., the inclusionwise minimal nonempty subsets of V that are not in 2. Define a simplicial complex 1 on the vertex set C as those nonempty subsets of C whose union is not all of V.
Proof. Let Q be the poset of simplices in 2 ordered by inclusion and let B =B _ [0 , 1 ]=2
V , so that the order complex 2(Q) is sd2. Apply
